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One of the key estimates in the original paper [3] does not seem to hold true, which 
may invalidate some results of that paper. However, there is a couple of ways to fix 
this mistake by adding additional hypotheses in Theorem 1 [3].

© 2016 Elsevier Inc. All rights reserved.

In the proof of Theorem 1 [3], both inequalities

|σ̂k(ζ, ζn+1)| ≤ C
∣∣2dkAρζ

∣∣ (0.1)

and

|μ̂k(ζ, ζn+1) − μ̂k(0, ζn+1)| ≤ C|2kdAρζ| (0.2)

rely on the estimate

ζ′
1+3r∫

ζ′
1−3r

|s| ds ≤ C r2, where r ≡ r(ζ ′) = ρ
√

(ρζ ′1)2 + (ζ ′2)2 + · · · + (ζ ′n)2; (ζ ′1, ..., ζ ′n) ∈ Sn−1. (0.3)

Unfortunately, inequality (0.3) may not hold true unless |ζ ′1| ≤ C r(ζ ′).
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Inequality (0.1) still holds true by properly using the cancellation property of Fa(s, ζ ′) as follows:

|σ̂k(ζ, ζn+1)| =

∣∣∣∣∣∣∣
2k+1∫
2k

h(t)
t

eiζn+1γ(t)
∫

(ei|ζ|φ(t)s − ei|ζ|φ(t)ζ′
1)Fa(s, ζ ′) ds dt

∣∣∣∣∣∣∣
≤

⎧⎪⎨
⎪⎩

2k+1∫
2k

|ζ| |h(t)φ(t)| dt
t

⎫⎪⎬
⎪⎭

{∫
|(s− ζ ′1)Fa(s, ζ ′)| ds

}

≤ C
∣∣2dkζ∣∣ r−1

ζ′
1+3r∫

ζ′
1−3r

|s− ζ ′1| ds

≤ C
∣∣2dkrζ∣∣ = C

∣∣2dkAρζ
∣∣ .

On the other hand, it seems to be impossible to obtain inequality (0.2) due to the presence of ζ ′1. Note 
that inequality (0.2) was needed in [3] to obtain the Lp-boundedness (1 < p < ∞) of sup

k∈Z

|μk ∗ f | via 

Theorem C∗ in [3]. We can still obtain the Lp-boundedness of sup
k∈Z

|μk ∗ f | by a different technique and by 

requiring additional hypotheses on γ. We now proceed its proof below.
Recall from [3] that

(μk ∗ f)(x, xn+1) =
∫

|y|∼=2k

|h(|y|) a(y′)|
|y|n f (x− φ(|y|)y′, xn+1 − γ(|y|)) dy

≤ C

∫
|y|∼=2k

|a(y′)|
|y|n f (x− φ(|y|)y′, xn+1 − γ(|y|)) dy

≡ C (νk ∗ f)(x, xn+1),

where the inequality follows from the assumption that the function h is bounded almost everywhere. Thus, 
it suffices to prove that sup

k∈Z

|νk ∗ f | is bounded on Lp(Rn+1) for 1 < p < ∞. By the method of rotation, it 

is enough to prove the Lp-boundedness (1 < p < ∞) of the following two-dimensional maximal function

Mg(x1, x2) = sup
k∈Z

⎧⎪⎨
⎪⎩

1
2k

2k+1∫
2k

|g (x1 − φ(t), x2 − γ(t)) | dt

⎫⎪⎬
⎪⎭ .

We will apply Theorem C [1] to prove. We may assume that g ≥ 0. Define the positive, finite Borel measures 
{λk}k∈Z

as

(λk ∗ g)(x1, x2) = 1
2k

2k+1∫
2k

g (x1 − φ(t), x2 − γ(t)) dt.

In terms of Fourier transform,

λ̂k(ζ1, ζ2) = 1
2k

2k+1∫
2k

eiζ1φ(t) eiζ2γ(t) dt.
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