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Abstract

We put forward a new concept which makes it possible to study experimentally the mobility of a grain boundary quadruple point.
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1. Introduction

Traditional textbook knowledge of grain growth in

polycrystals is based on the concept of curvature driven

grain boundary motion. The other structural elements of

connected grain boundaries are considered only as inci-
dental geometrical components of the boundaries in a

polycrystal.

However, several recent theoretical and experimental

studies provide evidence that triple junctions do affect

boundary motion, because the kinetics of triple junc-

tions may be different from the kinetics of the adjoining

grain boundaries. This has serious consequences for

microstructure evolution during grain growth [1–3].
Besides grain boundaries and triple junctions there is

only one more topological element of a 3D arrangement

of connected boundaries, a grain boundary quadruple

point at the location where four grains meet. At the

same time this point is the location where four grain

boundary triple lines intersect (Fig. 1). The latter defini-

tion lends itself to the study of quadruple point motion.

1.1. Theory of steady state quadruple junction motion

Every triple junction is the geometrical location of

points which belong to three grains. The shape of the tri-

ple junction line in our model (Fig. 2) resembles the

shape of a grain boundary in a tricrystal comprising a
model grain boundary system with a triple junction:

far from the quadruple point all three boundaries are

rectilinear and parallel each to other.

In such a configuration motion proceeds under the

action of the triple junction line tension c1. We will

consider this problem in the framework of a uniform

triple junction model, i.e. all triple lines possess equal

line tensions and mobilities irrespective of the misorien-
tation of the adjacent grains and the crystallographic

orientation of the boundaries, also the mobility of a tri-

ple junction is assumed to be independent of its

velocity.

The given assumptions require symmetry with respect

to any plane that contains the curved triple line (Fig. 1).

The equation of motion for each element of a triple line,

i.e. the velocity of the triple junction defines the differen-
tial equation of the shape y(x) of a moving triple junc-

tion. Actually, the velocity of a normal motion of a

triple junction element is
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v ¼ mtjc
lj ð1aÞ

where

j ¼ �y 00 � ½1þ ðy0Þ2��3=2 ð1bÞ
is the curvature of the triple line element. Because during
steady-state motion the velocity V is constant (Fig. 2).

v ¼ V cos h1 ¼ Vy 0½1þ ðy0Þ2��1=2 ð2Þ
One can solve Eq. (1)

y 00 ¼ � V
mtjcl

y 0½1þ ðy0Þ2� ð3Þ

under the boundary conditions

yð0Þ ¼ 0

yð1Þ ¼ a=2

y 0ð0Þ ¼ tan h1

where mtj is the mobility of the triple junction, cl is the
line tension of the triple junction, y(x) is the shape of

the triple line, h1 is the angle at the tip of the triple junc-

tions at the quadruple point (see Fig. 1).

For derivation of the force P acting on the quadruple

point, let us consider a plane that contains the triple line
OC and the x-axis in Fig. 1. The components of all triple

line tensions acting on the quadruple junction in this

plane is P ¼ 2cl cos 60� � cos h1 þ cl cos h1 � cl. Then,

the velocity of the quadruple point motion reads

V qp ¼ mqp½2cl cos 60� � cos h1 þ cl � cos h1 � cl�
¼ mqpc

l½2 cos 60� � cos h1 þ � cos h1 � 1� ð4Þ

where mqp is the mobility of the quadruple point.
Eqs. (3) and (4) define the problem comprehensively.

Integration of Eq. (3) yields the shape of a steady-state

moving triple junction system with a quadruple point.

yðxÞ ¼ 1 arccosðe�x=1þC1Þ þ C2

1 ¼ a
2h1

C1 ¼
1

2
lnðsin h1Þ2

C2 ¼ 1ðp=2� h1Þ

ð5Þ

Evidently, a steady-state motion of the grain bound-

ary system with a quadruple point is possible indeed.

The velocity V of steady-state motion of the triple

junction system is equal to

V ¼ 2h1mtjcl

a
ð6Þ

From the equations for triple junction and quadruple

point motion (Eqs. (3) and (4)) we derive the steady-

state value of the angle h1

Kqp ¼
mqpa
mtj

¼ 2h1
cos h1ð2 cos 60� þ 1Þ � 1

¼ 2h1
2 cos h1 � 1

ð7Þ

If a quadruple point is perfectly mobile and does not

drag grain boundary motion, then Kqp ! 1 and

h1 ! p/3, which is the equilibrium angle between qua-

druple point and triple junction line in the uniform

boundary and triple line model. In contrast, however,
if the mobility of the quadruple point is relatively low

(strictly speaking, if mqpa � mtj) then h1 ! 0. The angle

h1 is unambiguously defined by the dimensionless

parameter Kqp, which, in turn, is a function of not only

the ratio of quadruple point and triple junction mobility,

but of the grain size as well.

It is important to realize that we consider the steady-

state motion in our four grain-system. By this is meant

Fig. 1. Four grain arrangements with four triple lines (OA, OB, OC,

OE) and one quadruple point at O. The angle h1 is the vertex angle of a
triple line at the quadruple junction, a is the (half) dimension of the

grain bounded by the OA, OB and OC.
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Fig. 2. Cross-section parallel to the a grain boundary triple line OC

in Fig. 1.
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