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cal LCP problem. We provide algorithms with the following complexities:

Keywords:

Data structures 1. Preprocessing Time: O (|S]), Space: O(|S]), Query Time: O (]j — i|loglogn).

LCP 2. Preprocessing Time: none, Space: O(|j —i|log|j — i|), Query Time: O(|j —i|log|j — ).
Pattern matching However, the query just gives the pairs with the longest LCP, not the LCP itself.

3. Preprocessing Time: 0(]S|log?|S|), Space: O(|S|log!*®

stant &, Query Time: O (loglog|S|).

|S]) for arbitrary small con-
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1. Introduction

The Longest Common Prefix (LCP) has been historically an important tool in Combinatorial Pattern Matching:

1. The connection between Edit Distance and Longest Common Prefix (LCP) calculation has been shown and exploited in
the classic Landau-Vishkin paper in 1989 [14]. It was shown in that paper that computing mismatches and LCPs is
sufficient for computing the Edit Distance.

2. The LCP is the main tool in various Bioinformatics algorithms for finding maximal repeats in a genomic sequence.

3. The LCP plays an important role in compression. Its computation is required in order to compute the Ziv-Lempel
compression, for example [15].

Therefore, the LCP has been amply studied and generalized versions of the problem are of interest. Generalizations of
classical problems shed light on the original problem and lead to a better understanding of it, but also enable to develop
new, usually stronger, tools for the solution of the problem. Generalization is, therefore, a classical approach in the study of
algorithms.

A first natural generalization of the LCP problem is a “range” version. Indeed, “range” versions of the LCP problem were
considered in the literature. Cormode and Muthukrishnan [5] consider a version they call the Interval Longest Common Prefix
(ILCP) Problem. In that version, the maximum LCP between a given suffix and all suffixes in a given interval, is sought. They
provide an algorithm whose preprocessing time is 0(|S|log® |S|loglog|S|), and whose query time is O (log|S|loglog|S|).
This result was then improved by [12] to O(|S|log|S|) preprocessing time and O(log|S|) query time. Ilie and Tinta [9]
consider a different “range” version, where a set of pairs of suffixes is given as input and the pair that has the maximum LCP
is sought.

This paper provides efficient algorithms for a more general version of the Range LCP problem.

Problem definition. The formal definitions of LCP and the range LCP problem are given below.

Definition 1. Let A= A[1]--- A[n] and B = B[1]--- B[n] be strings over alphabet X'. The Longest Common Prefix (LCP) of A and
B is the empty string if A[1] # B[1]. Otherwise it is the string a;---ay, aj € ¥, i=1,...,k, k <n, where A[i] = B[i] =a;j,
i=1,...,k and Alk+ 1] #Blk+ 1] or k=n.

We abuse notations and sometimes refer to the length of the LCP, k, as the LCP. We, thus, denote the length of the LCP
of A and B by LCP(A, B).

Given a constant ¢ and string S = S[1]---S[n] over alphabet ¥ = {1,...,n‘}, one can preprocess S in linear time in a
manner that allows subsequent LCP queries in constant time. Le., any query of the form LCP(S;, S;), where S; and S are the
suffixes of S starting at locations i, j of S, respectively, 1 <1, j,n, can be computed in constant time. For general alphabets,
the preprocessing takes time O (nlogn).

This can be done either via suffix tree construction [19,16,17,6] and Lowest Common Ancestor (LCA) queries [7,3], or suf-
fix array construction [10] and LCP queries [11].

Our problem is formally defined as follows.

Definition 2. The Range LCP problem is the following:

INPUT: String S = S[1]--- S[n] over alphabet X.

Preprocess S in a manner allowing efficient solutions to queries of the form:

QUERY: i,j,1<i<j<n

Compute RangeLCP(i, j) = maXy kefi..j) LCP(S¢, Sk), where Sy (resp. Si) is the suffix of S starting at location £ (resp. k), i.e.
S¢=S[€]S[€+1]---S[n].

Simple baseline solutions. For the sake of completeness, we describe two straight-forward algorithms, which we henceforth
call Algorithm Basel and Algorithm Base2, to solve the Range LCP problem. They are the baseline to improve. Algorithm
Basel has a linear-time preprocessing but a quadratic Range LCP query time. The algorithm preprocesses the input string S
for LCP queries. Then, given an interval [i, j], it computes LCP(k, £) for every pair k, ¢, i <k < ¢ < j, and chooses the pair
with the maximum LCP. As seen in Section 1.1 below, the preprocessing can be accomplished in linear time for alphabets
that are fixed polynomials of n and in time O (nlogn) for general alphabets. The query processing has |j —i|? LCP calls, each
one taking a constant time for a total time O(|j — i|?). Algorithm Base2 uses two-dimensional range-maximum queries,
defined as follows.
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