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Abstract

We give some background and biographical commentary on the posthumous article [4] that appears
in this journal issue by Robert Riley on his part of the early history of hyperbolic structures on some
compact 3-manifolds. A complete list of Riley’s publications appears at the end of this article.
c⃝ 2013 Elsevier GmbH. All rights reserved.
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1. Introduction

In the mid-1970s the study of the topology of 3-manifolds was revolutionized by the
discovery that many 3-manifolds possess a hyperbolic structure. This discovery was made,
in very different forms, independently and almost simultaneously, by Robert Riley and
William Thurston, with Riley’s results appearing in print first [1,2].

Riley’s approach was algebraic while Thurston’s was geometric. Riley’s first results
covered a small number of knot complements, while Thurston’s covered large classes

∗ Corresponding author.
E-mail addresses: matt@math.binghamton.edu (M.G. Brin), G.A.Jones@soton.ac.uk (G.A. Jones),

D.Singerman@soton.ac.uk (D. Singerman).

0723-0869/$ - see front matter c⃝ 2013 Elsevier GmbH. All rights reserved.
http://dx.doi.org/10.1016/j.exmath.2013.01.002

http://www.elsevier.de/exmath
http://dx.doi.org/10.1016/j.exmath.2013.01.002
http://www.elsevier.de/exmath
mailto:matt@math.binghamton.edu
mailto:G.A.Jones@soton.ac.uk
mailto:D.Singerman@soton.ac.uk
http://dx.doi.org/10.1016/j.exmath.2013.01.002


100 M.G. Brin et al. / Expo. Math. 31 (2013) 99–103

of 3-manifolds. Ultimately, a sweeping conjecture of Thurston [6] about the existence of
geometric structures on all 3-manifolds (part of which implies the Poincaré Conjecture)
was proven by Perelman. Riley’s earliest results and conjectures are described in [5] as a
motivating factor for Thurston’s first result in this area.

Before Riley died in 2000, he wrote a short memoir, describing his recollection of
the events leading to his meeting with Thurston in 1976. This was circulated among his
colleagues and a few others, but has lain dormant since his death. A chance conversation
between two people familiar with him from different decades of his life has revived
interest in the memoir, and we have decided to publish it in this issue [4], along with
this commentary which contains some biographical information and a full bibliography of
Riley’s publications. Riley’s wording has not been altered since, to those who knew him,
it reads as pure Riley. Our only modification to Riley’s paper has been to add an abstract,
MSC numbers, keywords, two footnotes and a reference to this paper.

2. Bob Riley’s life and career

Robert F. Riley grew up on Long Island in New York State and studied mathematics at
Cornell where he earned his bachelors degree in 1957. He enrolled in MIT for graduate
work with an initial interest in number theory, but was unhappy with the modern algebraic
geometry he was expected to learn there. Bob spent some time in industry where he
became proficient in the use of computers. He regarded himself more as a 19th-century
mathematician with the added advantage of being able to use modern computational tools.
Much later, Bob proudly showed one of us a letter of rejection he had received from a
reputable British journal, saying that they no longer publish 19th-century mathematics.

In 1966, Bob moved to Amsterdam. There he met Brian Griffiths, a topologist who
was Professor of Pure Mathematics at the University of Southampton. Brian invited Bob
to take a temporary post in Southampton, which he did in 1968. In Amsterdam he had
become interested in knot theory and in Southampton he worked on the representations
of knot groups in PSL(2, C), which is the group of orientation preserving isometries of
hyperbolic 3-space H3. After some time he realized that, at least for the figure-eight knot,
he was getting a faithful representation, that the image was a discrete group and that the
quotient of H3 by this group was the figure-eight knot complement. He had thus discovered
a hyperbolic structure on this knot complement. He then showed that the same idea works
for several other knots. Later, Thurston gave a necessary and sufficient condition for a
knot complement to have a hyperbolic structure, and wrote that he was motivated by Bob’s
beautiful examples (P. 360 of [5]).

Bob discovered these examples with the help of a computer, making use of his previous
industrial experience. Bob’s work was one of the earliest examples of the extensive use
of computers in a branch of mathematics traditionally dominated by the pure thought and
abstraction method of mathematicians of the first half of the 20th century. Note that Bob
was working when programs were submitted to the computer as decks of punched cards.
It should be mentioned that Thurston, like Riley, was also an outstanding innovator in
computational methods in pure mathematics.

At this time, Bob did not have a permanent academic job because he had left MIT before
getting a Ph.D. David Singerman agreed to act as Bob’s formal supervisor so that he could
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