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a b s t r a c t

This paper presents a new self-repairing control system (SRCS) for nonlinear plants with unknown

sensor failures of a stuck-type. The SRCS can detect the failure and replace the faulty sensor with the

healthy one. The advantage of the SRCS is that no plant model is required to detect the failure. Hence,

one can construct the SRCS of an extremely simple structure. To achieve exact and early fault detection,

an unstable filter and an auxiliary switching signal are introduced. The detection period can be

shortened arbitrarily by choosing a large pole of the filter. Also, this paper shows an application to a

nonlinear continuous stirred tank reactor. To confirm the effectiveness, several numerical experiments

are explored.

& 2009 Elsevier Ltd. All rights reserved.

1. Introduction

Stuck sensors often cause fatal and serious damages to control
systems. If a measured feedback signal gets stuck at some value
due to a failure, then a feedback-loop is opened and the stability
cannot be guaranteed. To cope with the failure of this stuck-type,
the failed sensor should be replaced with the healthy one using
dynamic redundancy (Isermann, Schwarz, & Stölzl, 2002). This
approach might be the only strong way to recover from the effects
of stuck sensors completely.

In general, to find a failed sensor, a fault detector ought to be
introduced. A large number of attractive fault detection methods
have been developed (e.g., see Frank, 1990; Willsky, 1976). From a
view of reliability, it might be important to guarantee exact fault
detection deterministically. To achieve this, many conventional
deterministic approaches, such as observer-based methods,
estimator-based methods and so on, have utilized plant models.
Some of statistical methods have been based on plant models
(Basseville & Nikiforov, 1995; Juricek, Seborg, & Larimore, 2001).
However, the use of plant models sometimes induces complexity
when plants have complex structures. An exact fault detection
with use of no plant model is still a challenging open problem.

In the previous works by Takahashi (2007a, b), the self-
repairing control system (SRCS) has been developed that can
replace the failed component with the healthy one automatically
when the failure is detected. The SRCS consists of a plant, a
controller, an integrator and an auxiliary switching signal. The
switching signal is designed so that the output of the integrator
exceeds a prescribed threshold if the system becomes an open-

loop system due to the failure. Hence, the fault detector has only
to make sure whether the output of the integrator hits the
threshold or not. Thus, no plant model is required, and so one can
construct the simple SRCS. Unfortunately, the detection time
depends on the magnitude of the switching signal. So, for the
purpose of early detection, the switching signal has to be large
enough. However, this modification often degrades the control
performance.

As a remedy, this paper develops a new SRCS with an unstable
filter. Choosing a large pole of the filter makes it possible to
shorten the detection period arbitrarily even if the small switch-
ing signal is used. Because the failed sensor is replaced before the
signals in the SRCS diverge out, it can be guaranteed that all the
signals are bounded.

This paper also presents an application to a nonlinear
continuously stirred tank reactor (CSTR) which is recognized as
one of the fundamental chemical equipments (Alvares-Ramirez,
1999; Seborg, Edgar, & Mellichamp, 1989; Viel, Jadot, & Basin,
1997). Several interesting fault-tolerant control strategies for the
CSTR have been already investigated by Mhaskar, Gani, MacFall,
Christofides, and Davis (2007) and Mhamood, Ganhi, and Mhaskar
(2008). For such a typical chemical system, the concrete design of
the SRCS is shown; a simple high-gain feedback controller and a
simplified detection algorithm are constructed. Furthermore, to
confirm the effectiveness, several numerical experiments are
explored.

Throughout this paper, R, Rþ , I and Iþ denote real numbers,
non-negative real numbers, integers and non-negative integers,
respectively. For each vector function vðtÞARn, its norm and
1- norm are defined by

JvðtÞJ9ðvðtÞT vðtÞÞ1=2; JvðtÞJ19 sup
0r sr t

JvðsÞJ
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2. Self-repairing control using an unstable filter

This section presents the basic design of the SRCS with an
unstable filter.

Now, consider a nonlinear system of the form:

SP : _xðtÞ ¼ f ðt; xðtÞ;uðtÞÞ; yðtÞ ¼ gðt; xðtÞ;uðtÞÞ ð1Þ

where xðtÞARn, yðtÞAR and uðtÞAR are the state, the output and
the input, respectively. Suppose that f : Rþ �Rn

�R-Rn and g :
Rþ �Rn

�R-R are sufficiently smooth. Furthermore, assume
that the plant SP is input-to-state stable (ISS), that is, the state xðtÞ
satisfies

JxðtÞJrg0ðJxð0ÞJ; tÞþg1ðJuðtÞJ1Þ; tZ0 ð2Þ

where g0 : R
þ
�Rþ-Rþ is a KL class function and g1 :

Rþ-Rþ is a K class function (see the rigorous definitions of
the functions by Khalil, 1996). Without loss of generality, the
initial state xð0Þ is supposed to be bounded. Hence, the ISS
property assures that the state xðtÞ is bounded for the bounded
input uðtÞ.

To accommodate the failure, the two sensors ]1 (the primary)
and ]2 (the backup) are prepared. Then the feedback signal
ySðtÞAR is given by

ySðtÞ ¼ sðtÞy1ðtÞþð1� sðtÞÞy2ðtÞ ð3Þ

where yiðtÞAR; iAf1;2g is the signal measured by the sensor ]i. If
there is no sensor failure, then the measured signals are identical
with the actual output, i.e.,

yiðtÞ ¼ yðtÞ; i¼ 1;2 ð4Þ

However, the sensor ]1 fails as follows:

y1ðtÞ ¼ y1ðtF Þ; tZtF ð5Þ

where tF 40 is the unknown failure time. The role of the sensor ]2
is just a standby module for occasions of failures. The sensor ]2
should be inactivated and be out of the feedback-loop until the
primary sensor ]1 fails (precisely, the failure is detected). This is
called ‘‘cold standby’’ (Isermann et al., 2002). Hence, fortunately, it
can be supposed that the sensor ]2 is always healthy.

The switching function s : Rþ-f0;1g is given by

sðtÞ ¼
1 ðtotDÞ

0 ðtZtDÞ

(
ð6Þ

where tDZ0 is a detection time determined by the detection
algorithm which will be designed later. As mentioned above,
normally, the sensor ]1 is used. If the failure (5) is detected, then
the reserved sensor ]2 is activated. This means that only the
primary sensor ]1 is available for fault detection. In addition, the
difficulty of sensor fault detection arises when the measured
signal y1ðtÞ gets stuck at an ideal or admissible value, such as a
set-point. The main function (objective) of the SRCS is to find an
appropriate detection time tD with use of only the measurement
from the sensor ]1.

For the plant SP with the sensor failure (5), the SRCS is
constructed as follows (also see Fig. 1).

First of all, an unstable filter SD is introduced:

SD : _vðtÞ ¼ avðtÞþbðeSðtÞþtðtÞÞ ð7Þ

where aARþ and bARþ are arbitrary positive constants. The
error signal eSðtÞAR is defined by

eSðtÞ9r � ySðtÞ ð8Þ

with the reference input rAR. The auxiliary switching signal
tðtÞAR is injected to achieve the exact fault detection for any

stuck value eSðtF Þ:

tðtÞ ¼ t0
1þð�1Þk

2

 !
; tA ½tk; tkþ1Þ; k¼ 0;1; . . . ð9Þ

where t0AR is an arbitrary small non-zero constant. For every
kAIþ , the switching time tkARþ is given by

tk ¼
kðkþ1Þ

2
ð10Þ

The switching signal tðtÞ is well-designed so that vðtÞ hits a
threshold if the SRCS becomes an open-loop system due to the
sensor failure.

The controller SC which stabilizes the overall control system, is
given by

SC : _zðtÞ ¼ f CðzðtÞ; eSðtÞþvðtÞÞ; uðtÞ ¼ gCðzðtÞ; eSðtÞþvðtÞÞ ð11Þ

where zðtÞARnC is the state of the controller SC which is assumed
to be available. Suppose that f C : R

nC �R-RnC and gC : R
nC �

R-R are sufficiently smooth. Here, assume that the overall
closed-loop system satisfies the following assumption.

Assumption 1. If no failure occurs (tF ¼1), then there exist
bounded functions Gv : R

þ-Rþ , Gu : R
þ-Rþ and Gz :

Rþ-Rþ such that

jvðtÞjoGvðtÞ; juðtÞjoGuðtÞ; JzðtÞJoGzðtÞ ð12Þ

Under Assumption 1, from the ISS property of the plant SP , all of
the signals xðtÞ, vðtÞ, uðtÞ and zðtÞ are bounded when the activated
sensor is healthy. In this paper, to satisfy Assumption 1, it is
implicitly supposed that the overall closed-loop system, which
contains the plant SP and the unstable filter SD, is stabilized by
the controller SC with the healthy sensor. Precisely, the nominal
closed-loop system without the external (perturbation) signals r

and tðtÞ is assumed to have an asymptotically stable equilibrium
point at the origin. It is well known that for an arbitrary stable
nonlinear system with any bounded perturbation signals, all the
signals in the system are bounded (Khalil, 1996). Therefore,
because the external signals r and tðtÞ are bounded, all the signals
in the closed-loop system perturbed by r and tðtÞ are bounded.
When the signal vðtÞ is set some value at each switching time tk

as shown in Theorem 1, the exponential stability of the no-
minal closed-loop system will be required (e.g., see the proof of
Theorem 2).

The stabilizing controller SC can be constructed by the design
methods in a large number of the previous works. Also, it is not
difficult to specify the functions in Assumption 1 by exploiting
prior experimental data.

Finally, the detection time tD is defined by

tD9min½tjjvðtÞjZGvðtÞ or juðtÞjZGuðtÞ or JzðtÞJZGzðtÞ� ð13Þ

Fig. 1. The SRCS with the unstable filter.
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