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Abstract

The main purpose of this paper is to intoduce and study approximate solution
method for nonlinear Volterra-Hammerstein integral equations with an arbitrary
smooth (nonlinear) kernel function. At the end of this paper, numerical example is
treated.
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1. Introduction

Today, the theory of integral equations are one of the major are of applied
mathematics. The theory of Hammerstein integral equations is a direct gener-
alization of theory of ordinary differential equations. The degenerate kernel
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method has been developed to find best approximate solutions. This method is
based on the replacement the given equation by Hammerstein type with an
arbitrary smooth degenerate kernel and take the solution of it as an approxi-
mate solution to the given equation. By transforming the new equation into
a system of nonlinear algebraic equations, and we suggest, for computational
purpose, a some what different view of the error estimation problem.

Let us consider the following nonlinear integral equation of the form:
2n

ﬂ@:g@+£3w%ﬂmm+l L, 9(8)) dt, (1.1)

where V, L and g are 2n-periodic functions.

The approximate solutions by using the linear polynomial operator methods
was introduced in [1,4]. The classical method of the degenerate kernel is applied
to numerical solutions in [5]. The question of existence and uniqueness of the
solution to nonlinear integral equations be given in [6]. The simplicity of find-
ing a solution of Hammeerstein integral equations with degenerate kernel. So,
we can be written Eq. (1.1) of the form:

2n

y(x) = glx) + A H(x,t,y(1))dt, (1.2)
where

H(x,t,y(t)) = K(x,2,y(¢) + L(x, 1, 5(1))), (1.3)

K(x,8,y(1)) = e(x, £, (1)) V (x,1,¥(1)), (1.4)
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The function H(x,t,y(t)) satisfies uniformly a Lipschitz condition:
[H (x,t,3,(1)) — H(x,1,y,(0)] < N(x, ) [y (£) = »(0)]-

2. Error estimation

Lemma 1 [4]. Let the kernel H(x,t,y(t)) be a 2n-periodic function, if

Hx03(0) € LIOE 0= {(60): 0<x,0<2m) and
S
y(x)GLp, q—p_1~

Then

a]
0

2n

H(.,t,y(t))dt;x] :/0nU,,[H(.,t,y(t))dt;x]dt.
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